The maximum order of partition of the vertex set V (G) into hub sets is called hubtic number of G and denoted by ξ(G). In this paper we determine the hubtic number of some standard graphs. Also we obtain bounds for ξ(G). And we characterize the class of all (p, q) graphs for which ξ(G) = p.
INTRODUCTION
By a graph G = (V, E) we mean a finite and undirected graph without loops and multiple edges. A graph G with p vertices and q edges is called a (p, q) graph, the number p is referred to as the order of a graph G and q is referred to as the size of a graph G. In general, the degree of a vertex v in a graph G denoted by deg (v) is the number of edges of G incident with v. Also δ(G) denotes the minimum degree among the vertices of G [3] . x is the greatest integer less than or equal to x. Given any vertex v ∈ V (G), the graph obtained from G by removing the vertex v and all of its incident edges is denoted by G − v. In a tree, a leaf is a vertex of degree one. See [3] for terminology and notations not defined here.
Introduced by Walsh [7] , a hub set in a graph G is a set H of vertices in G such that any two vertices outside H are connected by a path whose all internal vertices lie in H. The hub number of G, denoted by h(G), is the minimum size of a hub set in G. A connected hub set in G is a vertex set F such that F is hub set and the subgraph of G induced by F (denoted G[F ]) is connected. The connected hub number of G, denoted h c (G), is the minimum size of a connected hub set in G [5] . For more details on the hub studies we refer to [5] [6] [7] . Graphs G 1 and G 2 have disjoint vertex sets V 1 and V 2 and edge sets E 1 and E 2 respectively, their union, A double star S n,m is the tree obtained from two disjoint stars K 1,n−1 and K 1,m−1 by connecting their centers [2] . The chromatic number χ(G) of a graph G is the minimum number of colors required to assign to the vertices of G in such a way that no two adjacent vertices of G receive the same color [3] . A clique of a graph is a maximal complete subgraph, and c(G) (resp. C(G)) will denote the smallest (resp. largest) order of a clique of G [3] .
The following results will be useful in the proof of our results.
Theorem 1.1 ([7]). Let ∆(G) denote the maximum degree of G. Then if G is a connected graph h(G) |V (G)| − ∆(G)
, and the inequality is sharp. 
Theorem 1.5 ([7]). Let S be a subset of V (G). Then G/S is complete if and only if
S is a hub set of G.
HUBTIC NUMBER

Definition 2.1. The maximum order of partition of the vertex set V (G) into hub sets is called hubtic number of G, and denoted by ξ(G). A H-partition of a graph G is a partition of V (G) into hub sets.
The ihubtic number iξ(G) of a graph G is the maximum order of a partition of V (G) into hub sets which are independent. In the following observation we determine the hubtic number of some standard graphs. The proofs of these results are simple and are omitted.
Observation 2.2. 1. For any complete graph
K p , ξ(K p ) = p.
For any cycle
C p , ξ(C p ) =          3, if p = 3, 4, if p = 4, 2, if p = 5, 6, 1, if p 7.
For any path
P p , ξ(P p ) =          2, if p = 2, 3, if p = 3, 2, if p = 4, 1, if p 5.
For the wheel graph
W 1,p−1 , p 4, ξ(W 1,p−1 ) =          4, if p = 4, 5, if p = 5, 3, if p = 6, 7, 2, if p 8.
For the star K
6. For the double star S n,m , ξ(S n,m ) = 2.
For the complete bipartite graph
K n,m , m, n 3, ξ(K n,m ) = min{n, m}.
Observation 2.3. For any graph
.
} be the hubtic partition of graph G. Clearly,
Hence the assertion follows. Proof. Suppose that G is a tree with at least 3 non-leaf vertices. We discuss the following cases: Case 1. Let H be a set of all non-leaf vertices. Clearly, any path between two leaves does not pass through another leaf. So, H is a hub set of G, and by Theorem 1.3, it is a minimum hub set. Now, suppose that B ⊆ V (G) − H is a hub set of G. Since G is a tree with at least 3 non-leaf vertices, take any two non-adjacent vertices u, v ∈ H. Since all vertices in B are leaves, then there is no path between u and v with all internal vertices in B. This is a contradiction. Hence ξ(G) = 1.
Case 2.
Suppose that H is a hub set of G but not containing all non-leaf vertices.
Since G has at least three non-leaf vertices, let {v 1 , v 2 , v 3 } be non-leaf vertices and This yields the desired conclusion. 
